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Abstract: This paper focused on the control design problem regarding the hydraulic support pushing
system, with full consideration of the saturation structure of the control input. With the help of
the backstepping technique, some sufficient conditions were established to ensure local exponential
stability of the error system between the hydraulic support pushing system and the reference system,
simultaneously providing an estimation of the attractive domain. In addition, a potential relationship
between the saturation structure and attractive domain was established, which was crucial for achieving
local exponential stability in the framework of saturation limitations. It showed that the size of the
attractive domain was not only determined by the structure of control input but was also affected by
the saturation structure. Finally, some simulations were presented to illustrate the effectiveness of the
proposed results.
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1. Introduction

Coal is widely acknowledged as the cornerstone of energy security in China, making the assurance
of safety and efficiency in coal mine production critically important. As the primary production site in
coal mining, the adjustment of the hydraulic support pushing system at fully mechanized mining faces
is directly linked to both coal mine safety and mining efficiency [1]. This issue has garnered significant
attention, as evidenced by recent studies [2–4] and the references therein.

It is important to note that the control process of the hydraulic support pushing system often faces
various challenges within the complex underground coal mine environment, particularly when
attempting to achieve expected performance [5, 6]. For instance, the lack of adaptive adjustments can
lead to significant deviations between the actual and predetermined trajectories. To solve these
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challenges, a variety of advanced control strategies have been proposed [7–9]. Particularly, a
pressure-flow coupling-based control method was provided in [7] to address the sluggish movement
and poor slewing performance of traditional controls, thus improving work efficiency. Building on the
radial basis function network and the dead zone model, a neural model reference adaptive disturbance
rejection composite controller was proposed in [8]. This controller demonstrated improved system
response characteristics, reduced steady state errors, and enhanced robustness. Moreover, [9]
combined particle swarm optimization with bang-bang control to enhance stability performance and
work safety by developing efficient detection and control systems.

It is important to note that the controllers designed in [7–9] are based on an idealized environment
where no constraints are imposed on the control input. In reality, saturation phenomena frequently
occur in the control systems. The magnitude of signals that actuators or sensors can transmit is often
constrained by physical limitations and safety requirements. This is commonly observed in various
industrial devices, such as hydraulic actuators [10] and electrical actuators [11]. For instance, to
ensure effective out-of-step protection, the torque and rotational speed of generators must be
maintained within specific limits [12]. Similarly, during horizontal maneuvering governed by an
aircraft vertical stabilizer, the rudder deflection angle and movement rate are restricted in magnitude
to prevent potential flight incidents [13]. It is crucial to recognize that neglecting saturation
limitations during controller design can lead to adverse system performance [14]. Consequently,
incorporating saturation considerations into controller design has garnered significant interest from
researchers over the past few decades, as evidenced by works such as [15–18]. Generally, two
classical methods address saturation limitations. The first is known as the one-step method, which
integrates the saturated effect during the initial phase of controller design. In recent years, significant
attention has been devoted to this method in controlling systems [19, 20]. For example, fundamental
results concerning the estimation of the attractive domain for systems utilizing saturated linear
feedback were presented in [19]. The other method is the anti-windup compensation technique, which
essentially follows a two-step process. The first step involves ignoring the saturation limitations and
designing a linear controller to meet specific performance or stability requirements. In the second
step, an anti-windup compensator is introduced to mitigate the negative effects of saturation.
Recently, several significant studies have addressed the phenomenon of saturation in various types of
systems using this method [21–24]. For example, a novel anti-windup compensator based on a
decoupled architecture was presented in [21] for constrained nonlinear time-delay systems. The
design objectives of this anti-windup compensator were formulated by leveraging the reformulation
capabilities of a linear parameter-varying model, which utilized the Lipschitz continuity property of
the underlying nonlinearities.

On the other hand, recent research in adaptive and robust control [25, 26] has focused considerable
attention on an intriguing control method known as the backstepping technique [27–30]. This
technique is based on the concept of recursively selecting appropriate functions of state variables as
pseudo control inputs for lower dimensional subsystems within the overall system. Each step in the
backstepping process results in the formulation of a new pseudo control law, which is defined based
on the laws derived in the previous stages. At the conclusion of this procedure, a feedback design for
the actual control input is generated. This design achieves the original control objective through a
final Lyapunov function, constructed by aggregating the Lyapunov functions corresponding to each
individual design step [31–34]. However, to the best of our knowledge, the application of the
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backstepping technique to address saturation limitations in hydraulic support pushing systems has
received limited research attention to date, particularly regarding the establishment of the relationship
between the control signal and the estimation of the attractive domain. Therefore, the fundamental
and critical problem of how to design a saturated controller that enables the hydraulic support pushing
system to achieve the desired performance, while also estimating the size of the attractive domain,
remains unresolved and warrants thorough investigation. This issue constitutes the primary
motivation for this paper.

Inspired by the above analysis, this paper focuses on the effects of saturation limitations on
stability analisis and control design for the hydraulic support pushing system using the backstepping
technique. The innovations of this paper mainly lie in the following aspects: first, with the help of the
backstepping technique, an appropriate control design that does not account for saturation limitations
will be proposed and then integrated into the saturated framework. Second, to enable the hydraulic
support pushing system to achieve expected performance, a set of sufficient conditions will be derived
to guarantee local exponential stability (LES) of the error system between the hydraulic support
pushing system and the reference system. Third, the estimation of the attractive domain will be
provided in this paper. Fourth, a potential relationship between the saturation structure and attractive
domain will be established, which will show that the estimation of the attractive domain is not only
dependent on the control input structure but is also influenced by the saturation structure. The
remainder of this paper is organized as follows: Modeling of the hydraulic support pushing system is
given in Section 2, and Section 3 presents some relevant preliminaries. Based on this, the main
results, including control design and stability analysis, are proposed in Sections 4 and 5, respectively.
Finally, some simulations are put forward in Section 6, and Section 7 concludes this paper.
Notations. Let R denote the set of real numbers, R+ the set of nonnegative real numbers, and Rn the
n-dimensional real space equipped with the Euclidean norm | · |. For two integers n1 < n2, let
I [n1, n2]= {n1, n1 + 1, . . . , n2}. Given a positive constant ρ, let Sρ=

{
x ∈ R : |x|≤ρ

}
.

2. Modeling of hydraulic support pushing system

2.1. Principle of the hydraulic support pushing system of the fully mechanized mining face

This paper aims to design an appropriate control input to drive the hydraulic support pushing system
to achieve expected performance [35, 36]. The principle behind it is based on the interaction between
the dynamic characteristic and the structural design of the hydraulic support pushing system, where the
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Figure 1. Hydraulic support pushing system of fully mechanized mining face.
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Table 1. Parameters of hydraulic support pushing system.

Parameter Meaning Unit
A1 Effective working area of the rodless chamber m2

A2 Effective working area of the rod chamber m2

P1 Pressure of the rodless chamber N
P2 Pressure of the rod chamber N
Q1 Flow of the rodless chamber m3/s
Q2 Flow of the rod chamber m3/s
m Equivalent total mass of the middle trough and coal drop kg
y Displacement of the piston rod m
b Viscous damping coefficient N · s/m
Fd Integrated disturbing force N
u Input voltage V

structure of which is shown in Figure 1 and the main parameters for the specification have been listed
in Table 1.

One may observe from Figure 1 that the hydraulic support is adjusted through a push-pull jack, with
a piston rod connected to such jack. Then with the help of the push rod, the force that is generated
by input voltage will be transmitted to the connector of the middle trough for the scraper conveyor.
However, due to the existence of structural clearance and flexible connection, such a process may
be accompanied by response hysteresis and displacement deviation. Note that the hydraulic support
pushing system is regarded as a high-inertia system in the roof support process, with a strong degree
of mutual independence between adjacent supports. In contrast, it is regarded as a low-inertia system
in the conveyor pushing process, where the implementation of flexible connection induces significant
dynamic coupling effects. It should be pointed out that both structural hysteresis and coupling force
may lead to misalignment phenomenon. This not only intensifies mutual interference between adjacent
supports but also amplifies displacement deviations, ultimately affecting the control accuracy of the
fully mechanized mining face.

2.2. Dynamic modeling of the hydraulic support pushing system

As is widely recognized, the key to controlling the hydraulic support pushing system lies in the
precise regulation for the displacement of the piston rod (i.e., y). Such displacement is actuated by the
hydraulic force exerted on the piston, of which the size is determined by the pressures of the rodless
and rod chambers (i.e., P1 and P2). Note that the variation in such pressures is governed by the flows
of the rodless and rod chambers (i.e., Q1 and Q2). It is worth mentioning that such flows are directly
determined by the displacement of the valve spool (denoted by yv) and the pressure differential of the
valve orifice. First, the flow of the valve is formulated by

QL = Kqyv − KcPL, (2.1)

where QL denotes the load flow, Kq the flow gain, Kc the coefficient of flow pressure, and PL the
load pressure. Considering that the piston is in motion, the flow of the rodless chamber is given by
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Q1=A1
dy
dt , and that of the rod chamber is expressed as Q2=A2

dy
dt . Assume that the ratio of the effective

working area between the rodless and rod chambers is denoted by N = A1
A2

. To eliminate the effect of
ratio N, the flow of such two chambers is weighted and then merged as follows:

QL =
Q1 + NQ2

1 + N2 . (2.2)

Note that the variation in flow caused by oil compressibility is described by

∆Q =
Vt

2(1 + N2)βe
·

dPL

dt
, (2.3)

where Vt is the total volume of the hydraulic cylinder and βe is the equivalent elastic modulus of the oil.
Then considering the effects of piston movement, flow, and leakage, the flow (2.2) can be rewritten as

QL = A1
dy
dt
+

Vt

2(1 + N2)βe
·

dPL

dt
+CtePL +CteoPS , (2.4)

where Cte is the flow of external leakage, Cteo is the flow of internal leakage, and PS is the oil pressure.
Moreover, the force balance of the hydraulic rod is given by

A1P1 − A2P2 = mÿ + Bcẏ + My + FL, (2.5)

where M is the elastic stiffness of the load; Bc is the viscous damping coefficient of the piston and load;
and FL is the load force. Based on (2.1), (2.4), and (2.5), we infer by the Laplace transformation and a
simplified derivation that

Y
Yv
=

KqA1

Kc

(
s2

ω2
h
+

2ξm
ωh

s + 1
)

(
s
ωr
+ 1
)(

s2

ω2
0
+

2ξ0
ω0

s + 1
) , (2.6)

where Y is the displacement of the piston rod after the Laplace transformation; Yv is the displacement
of the valve spool after the Laplace transformation; s is the complex variable; ωh is the mechanical
natural frequency; ξm = Bc

2
√

mk
is the mechanical damping coefficient; ωr =

MKce
A2

1
is the corner frequency

with the coefficient of total flow pressure Kce;

ω0 = A1

√(
1 +

M
Mh

)
·

2(1 + N2)βe

mVt
, (2.7)

which is the inherent frequency with the hydraulic spring stiffness Mh; and

ξ0 =
KceMh

Mh + M

√
(1 + N2)βem

2Vt
+

Bc

2A1

√
Vt

2(1 + N2)βem
, (2.8)

which is the hydraulic and mechanical damping coefficient.
Let the state variables be defined as (x1, x2, x3)T = (y, ẏ, ÿ)T . According to the above analysis and

some literatures such as [2–4], Eq (2.5) can be written as follows:
ẋ1(t) = x2(t),
ẋ2(t) = x3(t),

ẋ3(t) = ωh
[
1 + Kqk

2A1−A2

]
x2(t) + ωhξ0x3(t) + Kqω

2
h

2A1−A2
u(t) + E(x1(t), x2(t), x3(t)),

(2.9)

where u is the control voltage and E is the external disturbance.
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3. Preliminaries

In reality, the magnitude of the control signal generated by a controller is usually constrained by
physical or safety limitations, which may lead to a fact that the actual control input is wrapped around
the saturation limitation. To this end, an updated version of system (2.9) is of the form


ẋ1(t) = x2(t),
ẋ2(t) = x3(t),

ẋ3(t) = ωh
[
1 + Kqk

2A1−A2

]
x2(t) + ωhξ0x3(t) + Kqω

2
h

2A1−A2
satρ(v(t)) + E(x1(t), x2(t), x3(t)),

(3.1)

where v∈R is the control input without the saturation limitation and the saturated control input satρ(v)∈
R is defined by

satρ(v) =


ρ, v ∈ (ρ,+∞),
v, v ∈ [−ρ, ρ],
−ρ, v ∈ (−∞,−ρ),

(3.2)

with a prior given saturation level ρ > 0. Consider the reference system of (3.1):
˙̂x1(t) = x̂2(t),
˙̂x2(t) = x̂3(t),
˙̂x3(t) = ωh

[
1 + Kqk

2A1−A2

]
x̂2(t) + ωhξ0 x̂3(t) + E(x̂1(t), x̂2(t), x̂3(t)).

(3.3)

Let ei(t) = xi(t) − x̂i(t), i ∈ I [1, 3]. Then the error system is described by


ė1(t) = e2(t),
ė2(t) = e3(t),

ė3(t) = ωh
[
1 + Kqk

2A1−A2

]
e2(t) + ωhξ0e3(t) + Ê(e1(t), e2(t), e3(t)) + Kqω

2
h

2A1−A2
satρ(v(t)),

(3.4)

where Ê(e1, e2, e3) = E(x1, x2, x3) − E(x̂1, x̂2, x̂3).
In this paper, our aim is that in the framework of the saturation limitation, the error system (3.4)

can achieve stability by designing the control input v. Next, we introduce the relevant assumption
and definition.
Assumption 3.1. There exist three constants li ∈ R+, i∈I [1, 3], such that

|E(s1, s2, s3) − E(ŝ1, ŝ2, ŝ3)| ≤ l1|s1 − ŝ1| + l2|s2 − ŝ2| + l3|s3 − ŝ3|, si, ŝi ∈ R, i ∈ I [1, 3]. (3.5)

Definition 3.2. Denote by e(t)� e(t, t0, e0) the solution of system (3.4) through the initial value (t0, e0)
with e0 � (e1(t0), e2(t0), e3(t0))T � (e10, e20, e30)T ∈ R3. Then system (3.4) is said to be LES with Ω, if
there exist constants M ≥ 1, σ > 0, such that for any e0 ∈ Ω,

|e(t)| ≤ M|e0|e−σ(t−t0), ∀t ≥ t0. (3.6)
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4. Control design

With the help of the backstepping technique, an appropriate control design without the saturation
limitation is proposed in this section. First, the error variables are defined by

z1 = e1, z2 = e2 − Φ1, z3 = e3 − Φ2, (4.1)

where Φi, i ∈ I [1, 2] refers to the virtual control signal, which can be designed iteratively.
Step 1. Equations (3.4) and (4.1) yield that

ż1 = ė1 = e2 = −z1 + e1 + e2. (4.2)

Choose the Lyapunov function candidate V1 =
1
2z2

1. Then we derive

V̇1 = z1ż1 = −z2
1 + z1(e1 + e2) = −z2

1 + z1z2 + z1(e1 + Φ1). (4.3)

It indicates that the virtual control signal can be designed by Φ1 = −e1, implying

V̇1 = −z2
1 + z1z2. (4.4)

Step 2. It follows from (3.4) and (4.1) that

ż2 = ė2 − Φ̇1 = e3 + e2 = −z2 + 2e2 + e1 + e3. (4.5)

Let the Lyapunov function candidate be V2 = V1 +
1
2z2

2. Combined with (4.4), it derives that

V̇2 = −z2
1 + z1z2 + z2ż2

= −z2
1 − z2

2 + z1z2 + z2(2e2 + e1 + e3)
= −z2

1 − z2
2 + z2z3 + z2(2e2 + 2e1 + Φ2), (4.6)

which implies that the virtual control signal can be designed by Φ2 = −2e1 − 2e2. Thus, we obtain

V̇2 = −z2
1 − z2

2 + z2z3. (4.7)

Step 3. It can be deduced from (3.4) and (4.1) that

ż3 = ė3 − Φ̇2

= −z3 +
Kqω

2
h

2A1 − A2
satρ(v) +

{
e3 + ωh

[
1 +

Kqk
2A1 − A2

]
e2 + ωhξ0e3 + Ê(e1, e2, e3) − Φ2 − Φ̇2

}
= −z3+

Kqω
2
h

2A1 − A2
satρ(v) + Ψ, (4.8)

where

Ψ = 2e1 + [ωh
(
1 +

Kqk
2A1 − A2

)
+ 4]e2 + (ωhξ0 + 3)e3 + Ê(e1, e2, e3). (4.9)
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Take the Lyapunov function candidate V3 = V2 +
1
2z2

3. Then it follows from (4.7) that

V̇3 = −z2
1 − z2

2 + z2z3 + z3ż3 = −z2
1 − z2

2 − z2
3 + z3

( Kqω
2
h

2A1 − A2
satρ(v) + Ψ + e1 + e2

)
. (4.10)

In the absence of the saturation limitation, the actual control input v can be designed by

v = −
2A1 − A2

Kqω
2
h

{
3e1 + [ωh

(
1 +

Kqk
2A1 − A2

)
+ 5]e2 + (ωhξ0 + 3)e3 + Ê(e1, e2, e3)

}
. (4.11)

In this case, we infer that

V̇3 = −z2
1 − z2

2 − z2
3 = −2V3. (4.12)

5. Stability analysis

In the framework of saturation limitation, some sufficient conditions are established to ensure LES
for system (3.4) under control input (4.11) in this section.
Theorem 5.1. If there exist three positive constants ρ1, ρ2, and ρ3, such that

(3 + l1)ρ1+

{
|ωh
[
1 +

Kqk
2A1 − A2

]
+5| + l2

}
ρ2 + (ωhξ0 + 3 + l3)ρ3 ≤ |

Kqω
2
h

2A1 − A2
|ρ, (5.1)

then system (3.4) is LES with

S =
{
(e10, e20, e30)T ∈R3 : e10 ∈ Sρ1 , e20 ∈ Sρ2 , e30 ∈ Sρ3

}
(5.2)

under control input (4.11).
Proof. Let the Lyapunov function be V = 1

2z2
1 +

1
2z2

2 +
1
2z2

3. Then according to (4.12), it yields that
V̇ = −2V . This implies that the state trajectories of e1, e2, and e3 decrease to zero as t approaches
infinity. Combined with (5.1) and Assumption 3.1, one infers that

|v(t)| = |
2A1 − A2

Kqω
2
h

{
3e1 + [ωh

(
1 +

Kqk
2A1 − A2

)
+ 5]e2 + (ωhξ0 + 3)e3 + Ê(e1, e2, e3)

}
|

≤ |
2A1 − A2

Kqω
2
h

| · |(3 + l1)ρ1+

{
|ωh
[
1 +

Kqk
2A1 − A2

]
+5| + l2

}
ρ2 + (ωhξ0 + 3 + l3)ρ3|

≤ ρ, ∀t ≥ t0, (5.3)

i.e., satρ(v(t)) ≡ v(t) for all t ≥ t0. Note that if an initial state lies outside the range S, then (5.3) no
longer holds. It indicates that the state trajectory of the considered system no longer satisfies
V̇ = −2V , implying that the system may fail to achieve stability. Thus, we can conclude that
system (3.4) is LES with S under control input (4.11). The proof is completed. □
Remark 5.2. By means of the backstepping technique, Theorem 5.1 establishes some sufficient
conditions for LES of system (3.4) in the presence of saturation limitations. It is worth pointing out
that when saturation is involved in system (3.1), achieving the desired performance of (3.3) via
controller design requires addressing two challenging issues. To be specific, one is that the designed
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controller enables system (3.4) to achieve LES in the absence of saturation. The other is that the size
of the attractive domain (i.e., S in Theorem 5.1) should be estimated, thus ensuring that the state
trajectory of system (3.4) remains within a predefined saturation bound. We address such two
challenges by employing the backstepping technique and defining the saturation function with a
saturated level ρ. More specifically, the designed control input (4.11) ensures the exponential
convergence of system (3.4) with the help of the backstepping technique. Moreover, imposing the
constraint of condition (5.1) not only ensures that the state trajectory of system (3.4) does not exceed
the predefined saturation bound but also provides the estimation of attractive domain.
Remark 5.3. Note that most existing results, such as those in [2–4], focused on the control design
under ideal conditions, and therefore may become invalid when the system is affected by saturation
limitations. In contrast, this paper investigates the effect of saturation on the stability analysis and
control design of system (3.4), and some sufficient conditions are established to ensure LES for
system (3.4) with the help of the backstepping technique. In addition, Theorem 5.1 guarantees that all
states of system (3.4) starting from the domain S remain within S, which is crucial for the design of
saturated control. As a special case of Theorem 5.1, i.e., Ê(e1, e2, e3)= 0, the following corollary can
be directly obtained.
Corollary 5.4. If there exist three positive constants ρ1, ρ2, and ρ3, such that

3ρ1+|ωh
[
1 +

Kqk
2A1 − A2

]
+5|ρ2 + (ωhξ0 + 3)ρ3 ≤ |

Kqω
2
h

2A1 − A2
|ρ, (5.4)

then system (3.4), with Ê(e1, e2, e3) = 0, is LES with S under control input

v = −
2A1 − A2

Kqω
2
h

{
3e1+[ωh

(
1 +

Kqk
2A1 − A2

)
+5]e2 + (ωhξ0 + 3)e3

}
. (5.5)

Table 2. Parameter values of the hydraulic support pushing system.

Parameter Symbol Value Unit
Effective working area of the rodless chamber A1 0.0154 m2

Effective working area of the rod chamber A2 0.0083 m2

Mechanical natural frequency ωh 0.2 Hz
Flow gain Kq 2 m2/s
Coefficient of the total flow pressure Kce 0.2 m3/s
Elastic stiffness of the load M 40000 N/m
Hydraulic spring stiffness Mh 30000 N/m
Equivalent elastic modulus of the oil βe 0.5 N/m2

Equivalent total mass of the middle trough and coal drop m 200 kg
Total volume of the hydraulic cylinder Vt 0.0001 m3

Viscous damping coefficient of the piston and load Bc 800 N · s/m
Mechanical damping coefficient ξm 0.005 N · s/m
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6. Simulations

In this section, some simulations are put forward to illustrate the validity of our proposed theoretical
result. According to the analysis of Sections 2 and 3, consider the hydraulic support pushing system
as follows:

ẋ1(t) = x2(t),
ẋ2(t) = x3(t),

ẋ3(t) = ωh
[
1 + Kqk

2A1−A2

]
x2(t) + ωhξ0x3(t) + Kqω

2
h

2A1−A2
satρ(v(t)) + E(x1(t), x2(t), x3(t)).

(6.1)

Let the reference system of (6.1) be the form of
˙̂x1(t) = x̂2(t),
˙̂x2(t) = x̂3(t),
˙̂x3(t) = ωh

[
1 + Kqk

2A1−A2

]
x̂2(t) + ωhξ0 x̂3(t) + E(x̂1(t), x̂2(t), x̂3(t)).

(6.2)

Let ei(t) = xi(t) − x̂i(t), i ∈ I [1, 3]. Then the error system is described by
ė1(t) = e2(t),
ė2(t) = e3(t),

ė3(t) = ωh
[
1 + Kqk

2A1−A2

]
e2(t) + ωhξ0e3(t) + Ê(e1(t), e2(t), e3(t)) + Kqω

2
h

2A1−A2
satρ(v(t)),

(6.3)

where the main parameters are listed in Table 2 and the corresponding physical basis and sources can
be found in [2–4]. Moreover,

E(x1, x2, x3) = 3 sin(x1) + 10 sin(x2) + 4 sin(x3) − 711120x2 − 25.6x3, (6.4)

which implies that

Ê(e1, e2, e3)=3(sin(x1)−sin(x̂1))+10(sin(x2)−sin(x̂2))+4(sin(x3)−sin(x̂3))−711120e2 − 25.6e3.

(6.5)

Our objective is to design an appropriate controller that enables system (6.3) to achieve stability. To
this end, we design the control input of the form

v = −
9

32

{
3e1+

32000234
45

e2+
(120

√
30605

7
√

13778
+

332

77
√

61210
+ 3
)
e3+Ê(e1, e2, e3)

}
. (6.6)

Then it follows from Theorem 5.1 that system (6.3) is LES with

S =
{
(e10, e20, e30)T ∈R3 : e10 ∈ Sρ1 , e20 ∈ Sρ2 , e30 ∈ Sρ3

}
(6.7)

under the control input of the form (6.6), where three positive constants ρ1, ρ2, and ρ3 satisfy

6ρ1 +
64001084

45
ρ2 +
(120

√
30605

7
√

13778
+

332

77
√

61210
+ 32.6

)
ρ3 ≤

32
9
ρ. (6.8)
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Especially, by using MATLAB tool-box, let ρ1 = 0.1, ρ2 = 0.0001, ρ3 = 0.1, and ρ = 81, satisfying
stability condition (6.8). Under the step size 0.00001, the state trajectories of system (6.3) have shown
in Figure 2, with initial states e10 = 0.1, e20 = 0.0001, and e30 = 0.1. In addition, the state trajectories
of hydraulic support pushing system (6.1) and reference system (6.2) are depicted in Figure 3, which
illustrates that control input (6.6) can drive the hydraulic support pushing system to achieve expected
performance. Interestingly, if the saturation constraint is not considered during controller design, the
magnitude of the initial value remains unconstrained. One may observe from Figure 4 that the error
system fails to achieve stability, indicating that the hydraulic support pushing system cannot attain a
desired performance.
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0

0.04
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0 2 4 6 8 10time
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Figure 2. The state trajectories of system (6.3).
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Figure 3. The state trajectories of system (6.1) and system (6.2).
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Figure 4. The state trajectories of system (6.3) without taking saturation into account.

7. Conclusions

This paper investigates the effect of saturation on the stability analysis and control design regarding
the hydraulic support pushing system. To drive the hydraulic support pushing system toward achieving
the desired performance, an appropriate control input is designed with the help of the backstepping
technique. In addition, some sufficient conditions are established to ensure LES of the error system
between the hydraulic support pushing system and the reference system, simultaneously providing
an estimation of the attractive domain. Finally, some simulations are presented to verify the validity
of the proposed result. Future work will focus on further exploration of saturated control methods.
One of our possible research topics in the near future is to extend the result proposed in this paper
to the saturated delay impulsive control problem for the hydraulic support pushing system. However,
in many practical applications, the information regarding time delays in impulses is unmeasurable.
Therefore, another interesting topic is the development of the hydraulic support pushing system with
unmeasurable impulsive delays.
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